Algebra Homework
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Find all conjugacy classes in Ds.
Find Z(Dg).
Find all centralizers of single elements in Sym(6).
Show that Sym(n) is generated by (1, 2) and (1, 2, ..., n).
Show that if n > 2, then Z(Sym(n)) = 1.
Show that Z(A X B) = Z(A) X Z(B).
Show that (a, b)*** = a* x b”.
Let A be an abelian group. What is the product of all its elements?
Show that a subgroup of index 2 is necessarily normal. Is this true for 3?
Let G be a group and A and B two subgroups. Show that if G = A U B then either G =
AorG=B8B.
Let G be a group and A, B and C three proper subgroups. Assume that G=A U B U C.
What can you say about G?
Let G be a group generated by a set X. Let n € N. Show that the set
{x1x2 ... x,: ke N, x; € Xand k=0 mod(n)}

is a normal subgroup of G.
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Let G be a group and A and B two normal subgroups of G such that A N B = 1. Show
that A and B commute with each other.

Let G be a group and A and B two normal subgroups of G suchthat A "B =1and G =
AB. Show that G = A X B.

Let G and H be two simple groups. What are the normal subgroups of G x H?

Find all subgroups of Sym(3) x Z/2Z.

Let G be a group and H < G. Define Ng(H) = {g € G : H®* = H}. Show that H < Ng(H)
< G and that Ng(H) is the largest subgroup of G containing H in which H is normal.

Let G be a group and H < G. Show that there is a one-to-one correspondance between
{H® : g € G} and G/NG(H).



